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In 1946 Friedman [2] found all schlicht functions, with certain restrictions, that have rational integral coefficients. It is the purpose of this article to find all schlicht functions similarly restricted, whose wth powers, n a positive integer, have coefficients belonging to an integral domain /, of characteristic zero, and that has no integer except zero of absolute value less than 1.
Notations and definitions.
A function is said to be schlicht in a domain D if for any two points Zi and z2, belonging to D, we have /(zi) =/(z2) only if 2i = 22. We shall seek all functions 00 /(z) = E a»z< -z + a222 + a&* + --- If the bi are integers of /, the d are also, and conversely.
Let
[/(z)/zh<"2 = 1 + E A<z*.
I
The Prawitz inequality [3] , as revised by Bernardi [l] , is The right side of (2.2) has a finite number of terms, and is therefore finite. By (2.1) the a are integers of /. It follows from (2.2) and the restrictions on / that the greatest value of i for which Ci may be different from zero is finite.
Lemma 2. All the zeros of the polynomial h(z) lie on the circle \z\ = 1. The constant term of h(z) is 1 and all its coefficients are integers of I, and therefore either zero or not less than 1 in absolute value. It follows that if any zero of h(z) is different from 1 in absolute value, there is at least one which is less than 1 in absolute value. This is contrary to the hypothesis thatf(z), which is equal to z/[h(z)]1,n, is regular for \z\ <1. 
If m>2n, then n/(m-n), the absolute value of the product of the finite zeros oif'(z), is less than 1. It follows that/'(z) has at least one zero for \z\ <1 and by Bernardi [l],/(z) is not schlicht.
3. The main result. 
Since the argument of the left side is the sum of the arguments of the factors on the right side, we see that the argument of the left side is nondecreasing (strictly increasing if <r<2n) and that the total variation over the unit circle indented at the points z = e'ai, • • • , e*a* is equal to This is true since the proof that/(z) is schlicht, given in §3, does not depend on the coefficients of h(z) being integers.
Corollary
2. For h(z), the polynomial of Corollary 1, and a any complex number except zero, the equation h(z) =zn/an has no more than n distinct roots whose absolute values are less than 1.
LetWi, t = l, 2, • • •, re, be the wth roots of unity, and Zi, z2, • • • , zm the roots of the equation h(z)-zn/an. For z = Zi, t = l, 2, ■ ■ ■ , m, the corresponding value of f(z) on one of the sheets of its Riemann surface will be one of the &>,«,/= 1, 2, ■ ■ ■ , n. Were there more than n of the Zi less than 1 in absolute value, then at least one of the «,a would correspond to two distinct values of z within the unit circle and on the same sheet, contrary to the fact that / is schlicht there.
